Abstract. For any entire functions <p(z) and \p(z) on C with finite norm
1. Introduction. Let 5" = f, denote the Hubert space (Fischer space) composed of all entire functions fiz) on the complex plane C with a finite norm 11/11. = [I ff\f(z)\2exp(-\z\2)dxdyy2 < oo (z = x + i». (1.1)
Cf. [2] , [4] , [5] . For the case of entire functions on C = C X C X . . . xC, our argument in this paper is similar. Hence, for simplicity we consider only the case on C. For any integer n (n > 2), we introduce the Hubert space <Sn composed of all entire functions F(z) on C with a finite norm l|jF|1" = { Î // l^)l2exP(-"k|2) dxdy^2 < oo.
(1.2)
See §3. Then, we shall show the following theorem. Theorem 1.1. Arty F(z) E íFn is expressible in a series
»-0 7-1 and the equality holds. The minimum is taken here over all analytic functions 2"_0 il%ifj,,(zj) on C satisfying (13).
In particular, for any fj(z) E <%, we obtain | // t/p) exp(-n\z\2)dxdy< fi { £ f f \fj(z)\2exp(-\z\2) dx dy}. (1.5)
Equality holds here if and only if II"_, fj(z) is expressible in the form Cexp(/iwz) for some point u E C and for some constant C.
Furthermore, we investigate some properties of the tensor (direct) product % = ^ ® <¥ ® ■ ■ • 0^ as in [7] , [8] .
2. Preliminary facts. In order to state a background of Theorem 1.1, we consider the tensor product 'S®. Cf. Proof. From the relation (3.5), for any H(z) E *$" we have H(z) -F(z, z, . . ., z). Moreover, from the identity (3.6), for any F E §£,, we have that F(z, z,..., z) G 9m. Since the uniqueness of H(z) is apparent, it is sufficient to prove that for any H(z) E % F(zx, z2,..., zn) « £ // H(z) ( fi k(z, ¿j)) exp(-n\z\2) dx dy E ([^]C(0))X. which implies the desired assertion.
